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ABSTRACT
In bit-patterned media recording (BPMR) systems can

be increased to high areal density by reducing the size
of the magnetic grains. When the magnetic grain sizes
are smaller and closer, inter-track interference (ITI)
problems occur. It is referred to as the two-dimensional
(2-D) interference channel, which can degrade the read
channel performance of the BPMR system. This article
proposes two methods for an improved factor graph-
based (FGB) detection using the 2-D interference channel
coefficient segmentation that exploits the relationship
between the main bit and its nearest neighbors. Both
methods separate the 2-D interference channel into four
clusters. Then, four clusters form a hierarchical message-
passing relationship from the neighbor bits to the main
bit. Simulation results show the bit error rate (BER)
performance between the conventional FGB detector and
the twomethods of improved FGB detectors on the BPMR
system at an areal density of 2.5 and 3 terabits per square
inch (Tb/in2) with multi-track processing. The BER
performance of bothmodified FGB detectors outperforms
the conventional FGB detector.

Keywords: Information storage, 2-D interference chan-
nel, factor graph-based detector, bit-patterned media
recording

1. INTRODUCTION
Nowadays, the use of the internet is widespread, and

there is a need to store a large amount of data, so the
technology of hard disk drives has grown accordingly.
A bit-patterned media recording (BPMR) system is one
of the expectations for the next generation of magnetic
recording technology to achieve an areal density of
more than 1 terabit per square inch (Tb/in2) [1]-[3].
As the areal density is increased the space between
islands narrows. Thus, it produces the 2-D interference
channel comprising inter-symbol interference (ISI) and
inter-track interference (ITI) [4], [5]. That is one of the
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main limitations of the BPMR system because it reduces
the efficiency of the BER in the read channel for the
data recovery system. Moreover, it also creates a media
noise, which is the fluctuation of magnetic grains in the
along-track and across-track directions [6].

In recent years, researchers have worked on methods
to correct defects in the 2-D interference channel and
mitigate their effects using signal processing techniques
for digital communication. Therefore, to resolve prob-
lems of the 2-D interference channel in the BPMR system,
researchers have applied and developed signal processing
approaches; for example, error control coding, modified
equalizers and detectors, etc. The improved multi-track
detection with a hybrid 2-D equalizer [7] appears as
an alternative detector to reduce the 2-D interference
channel. In [8], the parallel detection structure inves-
tigates the effect of the optimal weight of the average.
As a result, the BER performance of the BPMR channel
is significantly improved. However, from the point
of view of multi-track signal processing and the joint
detector algorithm subtracting the weighted summation
is an alternative to usemaximum-likelihood detection for
the multi-head multi-track channels [9]. S. Han, et al.
[10] proposed a detection scheme based on a multi-layer
perceptron that estimates the track mis-registration and
media noise. In particular, to minimize ISI and ITI, Y.
Wang et al. [11] have proposed a recording scheme
that uses multiple islands (2 by 2 islands) for one bit of
information. In contrast, a traditional recording scheme
records one bit on a single island. F. Ghanami et al. [12]
presented a write channel model with input-dependent
noise on a BPMR system by considering a binary random
state, which obtains information rate lower and upper
bounds and the gap. These lower and upper bounds are
computed for the defined information rate in relation
to the input distribution and first-order Markov process.
S. Jeong et al. [13] proposed a bit-flipping scheme
using the K-means algorithm, which is an iterative
clustering method to identify samples consisting of the
main and neighboring. Moreover, many researchers have
introduced machine learning, deep learning and artificial
neural networks, to reduce the problems of data detection
and enable to increase the BER performance of magnetic
recording systems [14]-[16].

This article has applied a factor graph-based (FGB)
detector [17], [18] because it is a 2-D detector suitable
for the BPMR system with multi-head multi-track pro-
cessing. The FGB detector was developed from belief
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Fig. 1: Block diagram of read-write channel on BPMR
system with multi-head multi-track processing.

propagation algorithms. It works based on graphs that
can use the information of neighbors to help design
the processing, and to reduce the effect of the 2-D
interference channel. Due to the increased areal density
of the BPMR system, the impact of the 2-D interference
channels will be also increased. Therefore, the improved
FGB detector by separating the coefficients of the 2-D in-
terference channel and performing hierarchical message-
passing can increase the performance of the channel.

The rest of the paper is organized as follows. In Section
II, we describe the introduction of the 2-D interference
channel and equalizer model on the BPMR system. A
modified factor graph-based detection is introduced in
Section III. Section IV provides the simulation results and
discussions. Finally, in Section V, we give the conclusion
of the work.

2. BPMR CHANNEL AND EQUALIZER MODEL
A block diagram of the schematic of the read-write

channel model is shown in Fig. 1. This system is similar
to the conventional channel models, which show a BPMR
channel model as the 2-D generalized partial response
(GPR) target or 2-D interference channel, the equalizer
and the FGB detector. We consider the read channel on
a BPMR system with multi-track processing. In the read
channel model (𝑎𝑖,𝑗) = {−1, 1} is the recorded data bit
on the 𝑗𝑡ℎ bit island along the 𝑖𝑡ℎ track, which generates
the read-back signals (𝑦𝑖,𝑗) with additive white Gaussian
noise (AWGN) (𝑛𝑖,𝑗) to be inputted to the equalizer (𝑧𝑖,𝑗)
and then sent to the FGB detector so that the FGB detector
can generate an estimated input bit ( ̂𝑎𝑖,𝑗).

In this channel model, the 2-D interference channel
response h (m, n) is approximated by a 2-D Gaussian
pulse response [6], which can be obtained as follows:

ℎ(𝑚, 𝑛) = (𝐴 + Δ𝐴)

exp
⎧⎪
⎨
⎪⎩
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2𝑐2
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whereA = 1 is the normalized peak amplitude of the pulse
response. Δ𝐴 is the amplitude fluctuation. T𝑥 is the bit
period, T𝑧 is the track pitch, Δ𝑥 is the fluctuation in along-
track, and Δ𝑧 is the fluctuation in across-track; x and
z are indices in along-track and across-track directions,

Fig. 2: Numerical 2-D Gaussian pulse response of the
square island.

respectively. PW 50𝑥 and PW 50𝑧 are the widths of the
pulse response at its half maximum in along-track and
across-track directions, respectively. c is a constant to
account for the relationship between 50% pulsewidth and
the standard deviation of the Gaussian function.

For the pulse model in Equation (1), the parameters
related to the 2-D Gaussian pulse response are given as
follows: A = 1, PW 50𝑧 = 24.8 nm, PW 50𝑥 = 19.4 nm, and
c = 1/2.3548. The simulated 2-D Gaussian pulse response
of an isolated square island with a length of 14.5 nm, as
shown in Fig. 2.

The discrete-time read-back signal is determined by
the position of the data bit. If parameters i and j
denote the island position in across-track and along-
track directions, respectively. The coefficients of the 2-D
interference channel response (h𝑖,𝑗 ) are a convolution
operator on the bit input signal and combined with
AWGN to obtain the read-back signal (y𝑖,𝑗 ), which can
be written as

𝑦𝑖,𝑗 = (𝑎𝑖,𝑗 ⊗ ℎ𝑖,𝑗) + 𝑛𝑖,𝑗 . (2)

That, can be expressed as

𝑦𝑖,𝑗 =
𝑀

∑
𝑚=−𝑀

𝑁

∑
𝑛=−𝑁

𝑎𝑖−𝑚,𝑗−𝑛ℎ𝑚,𝑛 + 𝑛𝑖,𝑗 . (3)

where ℎ𝑚,𝑛 is the coefficient of the discrete-time 2-D
interference channel, which is obtained by sampling the
pulse signal at times that are multiples of the bit time and
track period. M and N are the lengths of the interference
from neighboring islands in the along-track and across-
track directions. We set M = 1 and N = 1. Hence, a 2-D
interference channel matrix H is given by

𝐇 =
⎡
⎢
⎢
⎣

ℎ−1,−1 ℎ−1,0 ℎ−1,1
ℎ0,−1 ℎ0,0 ℎ0,1
ℎ1,−1 ℎ1,0 ℎ1,1

⎤
⎥
⎥
⎦

. (4)
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Since a 2-D interference channel can be written in
matrix H from Equation (4). Then the read-back signal
in Equation (3) can be expanded as

𝑦𝑖,𝑗 = 𝑎𝑖−1,𝑗−1ℎ−1,−1 + 𝑎𝑖,𝑗−1ℎ0,−1 + 𝑎𝑖+1,𝑗−1ℎ1,−1
+ 𝑎𝑖−1,𝑗ℎ−1,0 + 𝑎𝑖,𝑗ℎ0,0 + 𝑎𝑖+1,𝑗ℎ1,0
+ 𝑎𝑖−1,𝑗+1ℎ−1,1 + 𝑎𝑖,𝑗+1ℎ0,1 + 𝑎𝑖+1,𝑗+1ℎ1,1 + 𝑛𝑖,𝑗 (5)

Afterward, the 2-D GPR target and the 2-D equalizer
are designed based on the minimum mean squared error
(MMSE) technique [19]-[20]. We consider the BPMR
system, which recovers the recorded data (a𝑖,𝑗 ) from
the main track i = 0. Let the 2-D GPR target (G) be
represented as a 3×3 matrix, and an equalizer (Q) matrix
with a size of 3×7 can be represented by the following
matrix:

𝐆 =
⎡
⎢
⎢
⎣

𝑔𝑖−1,𝑗−1 𝑔𝑖−1,𝑗 𝑔𝑖−1,𝑗+1
𝑔𝑖,𝑗−1 𝑔𝑖,𝑗 𝑔𝑖,𝑗+1

𝑔𝑖+1,𝑗−1 𝑔𝑖+1,𝑗 𝑔𝑖+1,𝑗+1

⎤
⎥
⎥
⎦

, (6)

and

𝐐 =
⎡
⎢
⎢
⎣

𝑞𝑖−1,𝑗−3 ⋯ 𝑞𝑖−1,𝑗 ⋯ 𝑞𝑖−1,𝑗+3
𝑞𝑖,𝑗−3 ⋯ 𝑞𝑖,𝑗 ⋯ 𝑞𝑖,𝑗+3

𝑞𝑖+1,𝑗−3 ⋯ 𝑞𝑖+1,𝑗 ⋯ 𝑞𝑖+1,𝑗+3

⎤
⎥
⎥
⎦

. (7)

For the input of an equalization, the adjacent read-
back signals (r𝑖,𝑗 ) are required to produce a single output
(z𝑖,𝑗 ), because it includes the contribution of the adjacent
tracks.

𝑧𝑖,𝑗 = 𝐪𝑇 𝐫 (8)

𝑑𝑖,𝑗 = 𝐠𝑇 𝐚 (9)

Since the input bit sequences (a𝑖,𝑗 ) are fed to a 2-
D GPR target to obtain the desired output (d𝑖,𝑗 ). To
calculate the coefficients of the equalizer and the 2-D
target polynomial, we define the error signal (e𝑖,𝑗 ) as
follows:

𝑒𝑖,𝑗 = 𝑧𝑖,𝑗 − 𝑑𝑖,𝑗 . (10)

Here,

Next, we can calculate the error signal (e𝑖,𝑗 ) by the
MSE, which is calculated as

(11)

Therefore, the constraint can be expressed as follows

𝐄Tg = I (12)

where
𝐈 = [ 1 0 0 0 0 0 0 ]

𝑇 , (13)

and

𝐄𝑇 =

⎡
⎢
⎢
⎢
⎢
⎢
⎢
⎢
⎣

0 0 0 0 1 0 0 0 0
1 0 0 0 0 0 0 0 0
0 1 0 0 0 0 0 0 0
0 0 1 0 0 0 0 0 0
0 0 0 0 0 0 1 0 0
0 0 0 0 0 0 0 1 0
0 0 0 0 0 0 0 0 1

⎤
⎥
⎥
⎥
⎥
⎥
⎥
⎥
⎦

(14)

Based on this monic constraint, the optimized target
and equalizer coefficient vector can be derived as

𝝀 = (𝐄
T (A − TTR−1T)

−1 E)
−1

I (15)

𝐠 = (𝐀 − 𝐓𝑇𝐑−1𝐓)
−1 𝐄𝝀 (16)

𝐪 = 𝐑−1𝐓𝐠 (17)

where, 𝜆 is a vector containing the Lagrange multipliers.
g and q are the optimized target and equalizer coeffi-
cients.

Hence, 𝐀 = 𝐸 {𝐚𝑖, 𝐚𝑇
𝑖 }is the autocorrelation of the

input. 𝐑 = 𝐸 {𝐫𝑖, 𝐫𝑇
𝑖 } is the autocorrelation matrix

of the channel output. 𝐓 = 𝐸 {𝐫𝑖, 𝐚𝑇
𝑖 } is the cross-

correlation of the channel output and input, where E
denotes the expectation operator.

3. FACTOR GRAPH-BASED DETECTION
In this section, a factor graph-based (FGB) detection

is performed by using the factor graph to process the
received signal from the 2-D interference channel, as
shown in Fig. 1. Since the FGB detector is designed
based on the 2-D interference channel using a posteriori
log-likelihood ratio (LLR) as the message-passing [17],
[18]. The 2-D interference channel with a 3 by 3 matrix
is converted into a 1-D array with a 1 by 9 matrix, which
consists of the factor node and bit node. The factor
node represents the read-back signals, and the bit node
represents the bit inputs. An edge between the factor
node and the bit node is the LLR reliability information
that is based on the received signal. During the iterative
processing, the factor node and the bit node exchange the
reliability information.

In Fig. 3, the factor node {y𝑖,𝑗} (solid line) passes the
reliability information to the connected nine bit nodes
as {a𝑖−1,𝑗 −1, a𝑖−1,𝑗 , a𝑖−1,𝑗 +1, a𝑖,𝑗 −1, a𝑖,𝑗 , a𝑖,𝑗 +1, a𝑖+1,𝑗 −1,
a𝑖+1,𝑗 , a𝑖+1,𝑗 +1}. Then, at each bit node {a𝑖−1,𝑗 −1, a𝑖−1,𝑗 ,
a𝑖−1,𝑗 +1, a𝑖,𝑗 −1, a𝑖,𝑗 , a𝑖,𝑗 +1, a𝑖+1,𝑗 −1, a𝑖+1,𝑗 , a𝑖+1,𝑗 +1}
updates and sends back the information to the connected
eight factor nodes (dashed line) {y𝑖−1,𝑗 −1, y𝑖−1,𝑗 , y𝑖−1,𝑗 +1,
y𝑖,𝑗 −1, y𝑖,𝑗 +1, y𝑖+1,𝑗 −1, y𝑖+1,𝑗 , y𝑖+1,𝑗 +1}, except for the
factor node {y𝑖,𝑗}. Before sending the message, each
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Fig. 3: Scheme of factor graph of 2-D interference channel.

factor node computes the reliability information based on
the read-back signal.

The message-passing algorithm is the log-maximum
a posteriori probability (MAP) algorithm [21], which
calculates the LLR reliability information between the
factor nodes and the bit nodes on a factor graph, as
follows:

(18)
where u𝑛 is the received signal without noise, y𝑛 is the
read-back signal withAWGNnoise, and 𝜎2 is the variance
of AWGN.

We consider the log-MAP algorithm to compute the
reliability information from Equation (18). Accordingly,
the messages 𝐿(𝜇𝑘→𝑛) are generated from connected the
bit node k to the factor node n, which can be rewritten as

(19)
In the reverse direction, each bit node receives the

LLR message from the factor nodes. After that, the LLR
message is sent from bit nodes q to the factor nodes n,
which is computed as

𝐿 (𝜇𝑞→𝑛) = ∑
𝑟∈𝐵𝑞

𝑛

𝐿 (𝜇𝑟→𝑞) (20)

where 𝐵𝑞
𝑛 is the number of factor nodes that are

connected to the bit nodes.
These updating and exchanging reliability informa-

tion processes will continue until a final iteration is

Fig. 4: Scheme of square array islands between main and
neighboring islands.

reached. After several predetermined iterations 𝐿 ( ̂𝑎𝑛),
the final soft output of summation is given by

𝐿 ( ̂𝑎𝑛) = ∑ 𝐿 (𝜇𝑘→𝑛) . (21)

In the final step, a hard estimation of the input bit is
defined as

̂𝑎𝑛 = {
+1, if𝐿 ( ̂𝑎𝑛) ≥ 0
−1, otherwise (22)

In this research, we propose two methods for the 2-D
interference channel segmentation, which separate the
coefficients of the 2-D interference channel into four
cluster channels. By taking advantage of hierarchical
message-passing on the factor graph between the factor
node and the bit node. The factor graph design is based
on four cluster channels of the 2-D interference channel
segmentation.

Figure 4 shows the configuration of the patterned
islands for the coefficients of a 2-D interference channel
with a 3 by 3 matrix (dashed square) in Equation (4), as
follows: {A = h𝑖−1,𝑗 −1, B = h𝑖−1,𝑗 , C = h𝑖−1,𝑗 +1, D = h𝑖,𝑗 −1,
E = h𝑖,𝑗 , F = h𝑖,𝑗 +1, G = h𝑖+1,𝑗 −1, H = h𝑖+1,𝑗 , I = h𝑖+1,𝑗 +1}.
Therefore, the improvements of the two FGB detectors
can be presented as follows.

3.1 Modified FGB Detector (M1)
In relation-structure, we apply a generalized belief

propagation (GBP) algorithm [22] to the FGB detector. A
factor graph designs the coefficients of the 2-D interfer-
ence channel, which are arranged in a one-dimensional
(1-D) array based on the relationship between the main
bit E and the neighboring data bits A, B, C, D, F, G, H, and
I. Figure 5 shows the structure of hierarchical message-
passing on a factor graph, in which the 2-D interference
channel can be separated into four clusters of six nodes:
{A, B, C, D, E, F}, {D, E, F, G, H, I}, {A, B, D, E, G, H}
and {B, C, E, F, H, I}. All four clusters send LLR belief
propagations to calculate the relationship of the nodes
{B, E}, {D, E}, {F, E} and {H, E}. Next, they calculate the
main bit {E}.

In the first step, we can consider the message-passing
structure of the four cluster channels: {A, B, C, D, E, F},
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Fig. 5: Structure of hierarchical message-passing of factor
graph on 2-D interference channel for modified FGB
detector (M1).

Fig. 6: A factor graph represents the message-passing of
{A, B, C, D, E, F} channel.

{D, E, F, G, H, I}, {A, B, D, E, G, H} and {B, C, E, F, H,
I}, which are the message-passing of the LLR reliability
information from the factor node to the bit nodes (A),
(B), (C), (D), (E), (F ), (G), (H ), and (I ). Each channel of
the factor graph calculates the LLR reliability information
between the factor node and the bit node according to
Equation (19) and Equation (20), and all four clusters
represent the factor graph relationship as follows.

In Fig. 6, a factor graph represents the message-
passing of {A, B, C, D, E, F} channel. The factor node
{y𝑖−1,𝑗 −1, y𝑖−1,𝑗 , y𝑖−1,𝑗 +1, y𝑖,𝑗 −1, y𝑖,𝑗 , y𝑖,𝑗 +1} passes
the reliability information to the connected bit nodes
{a𝑖−1,𝑗 −1, a𝑖−1,𝑗 , a𝑖−1,𝑗 +1, a𝑖,𝑗 −1, a𝑖,𝑗 , a𝑖,𝑗 +1, a𝑖+1, 𝑗 −1,
a𝑖+1,𝑗 , a𝑖+1,𝑗 +1}. After that, the bit nodes {a𝑖−1,𝑗 −1,
a𝑖−1,𝑗 , a𝑖−1,𝑗 +1, a𝑖,𝑗 −1, a𝑖,𝑗 , a𝑖,𝑗 +1, a𝑖+1,𝑗 −1, a𝑖+1,𝑗 ,
a𝑖+1,𝑗 +1} are updated with the reliability information and
sent to their corresponding factor nodes.

In the same way, a factor graph of {D, E, F, G,
H, I} channel, the factor node {y𝑖,𝑗 −1, y𝑖,𝑗 , y𝑖,𝑗 +1,
y𝑖+1,𝑗 −1, y𝑖+1,𝑗 , y𝑖+1,𝑗 +1} send the reliability information
to connect the bit nodes {a𝑖−1,𝑗 −1, a𝑖−1,𝑗 , a𝑖−1,𝑗 +1, a𝑖,𝑗 −1,
a𝑖,𝑗 , a𝑖,𝑗 +1, a𝑖+1,𝑗 −1, a𝑖+1,𝑗 , a𝑖+1,𝑗 +1}. Next, each bit
node sends back the connected respective factor nodes,
as shown in Fig. 7.

Figure 8 shows the factor graph of {A, B, D, E, G,

Fig. 7: A factor graph represents the message-passing of
{D, E, F, G, H, I} channel.

Fig. 8: A factor graph represents the message-passing of
{A, B, D, E, G, H} channel.

Fig. 9: A factor graph represents themessage-passing of {B,
C, E, F, H, I} channel.

H} channel. Factor node {y𝑖−1,𝑗 −1, y𝑖−1,𝑗 , y𝑖,𝑗 −1, y𝑖,𝑗 ,
y𝑖+1,𝑗 −1, y𝑖+1,𝑗} passes the reliability information to
connect bit nodes {a𝑖−1,𝑗 −1, a𝑖−1,𝑗 , a𝑖−1,𝑗 +1, a𝑖,𝑗 −1, a𝑖,𝑗 ,
a𝑖,𝑗 +1, a𝑖+1,𝑗 −1, a𝑖+1,𝑗 , a𝑖+1,𝑗 +1}, then each bit node
sends to the connected factor nodes. Fig. 8: A factor
graph represents the message-passing of {A, B, D, E, G, H}
channel.

A factor graph of {B, C, E, F, H, I} channel, factor
node {y𝑖−1,𝑗 , y𝑖−1,𝑗 +1, y𝑖,𝑗 , y𝑖,𝑗 +1, y𝑖+1,𝑗 , y𝑖+1,𝑗 +1}
send the reliability information to connect bit nodes
{a𝑖−1,𝑗 −1, a𝑖−1,𝑗 , a𝑖−1,𝑗 +1, a𝑖,𝑗 −1, a𝑖,𝑗 , a𝑖,𝑗 +1, a𝑖+1,𝑗 −1,
a𝑖+1,𝑗 , a𝑖+1,𝑗 +1}, therefrom each bit node sends back the
connected respective factor nodes, as shown in Fig. 9.

When the LLR reliability information is received from
the four cluster channels; {A, B, C, D, E, F}, {D, E, F,
G, H, I}, {A, B, D, E, G, H} and {B, C, E, F, H, I}.
In the second step, we represent the message-passing
relationship based on the hierarchical structure between
the channels of the four clusters. In Fig. 10, the message
is the LLR reliability information passing along the edge
between the nodes. The message is only based on the
influence of a node and its adjacent neighbor. For
example, in Figure 10 (a) shows the {A, B, C, D, E, F}
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Fig. 10: A region graph generated using the cluster method
for message-passing of the channels; (a) {A, B, C, D, E, F},
(b) {D, E, F, G, H, I}, (c) {A, B, D, E, G, H}, and (d) {B, C,
E, F, H, I}

channel, in which the main bit {E} is received by the
message from the neighboring nodes, namely: {A, B}, {B,
E}, {A, D}, {D, E}, {C, B}, {C, F} and {F, E}. Similarly,
{D, E, F, G, H, I} channel is the message-passing from
relationship nodes {G, D}, {D, E}, {G, H}, {H, E}, {I, F},
{F, E} and {I, H}, {A, B, D, E, G, H} channel is the nodes
relationship {A, B}, {B, E}, {A, D}, {D, E}, {G, D}, {G,
H} and {H, E}, {B, C, E, F, H, I} channel is the nodes
relationship {C, B}, {B, E}, {C, F}, {F, E}, {I, F}, {I, H}
and {H, E} to determine the main bit {E}, as shown in
Fig. 10 (b), (c) and (d), respectively.

After that, an approximation of the relationship
among {A, B, C, D, E, F}, {D, E, F, G, H, I}, {A, B, D, E, G,
H}, and {B, C, E, F, H, I} channels can be written as

(23)

(24)

(25)

(26)
Next, estimating the summation in Equation (23) to

Fig. 11: Scheme of hierarchical message-passing of factor
graph on 2-D interference channel for modified FGB
detector (M2).

Equation (26), the H (𝑀 1) channel can be obtained from

(27)
From Equation (27), the final result of the combination

is calculated from Equation (21) and the input estimation
according to Equation (22).

3.2 Modified FGB Detector (M2)
In this second method, we separate the coefficients

of the 2-D interference channel into four clusters, each
cluster containing four nodes, namely {A, B, C, E}, {A, D,
G, E}, {C, F, I, E} and {G, H, I, E}. The message-passing
is similar to the first method; the messages are sent
on the factor graph with a hierarchical message-passing
structure, which can be clustered into four channels of
four-node clusters, {A, B, C, E}, {A, D, G, E}, {C, F, I,
E} and {G, H, I, E} based on the relationship among the
main data bit (E) and its neighboring data bits (A), (B),
(C), (D), (F ), (G), (H ), and (I ). Next, to receive the LLR
belief propagation for determining the relation of {B, E},
{D, E}, {F, E} and {H, E}. Themessage-passing computes
the main bit {E}, as shown in Fig. 11.

After separating 2-D interference channel coefficients
into four cluster channels {A, B, C, E}, {A, D, G, E}, {C,
F, I, E} and {G, H, I, E}, each channel of the factor graph
computes the LLR reliability information between the
factor node and the bit node according to Equation (19)
and Equation (20). The factor graph is the relationship
of {A, B, C, E} channel with the factor node {y𝑖−1,𝑗 −1,
y𝑖−1,𝑗 , y𝑖−1,𝑗 +1, y𝑖,𝑗}, {A, D, G, E} channel with the factor
node {y𝑖−1,𝑗 −1, y𝑖,𝑗 −1, y𝑖+1,𝑗 −1, y𝑖,𝑗}, {C, F, I, E} channel
with the factor node {y𝑖−1,𝑗 +1, y𝑖,𝑗 +1, y𝑖+1,𝑗 +1, y𝑖,𝑗},
and {G, H, I, E} channel with the factor node {y𝑖+1,𝑗 −1,
y𝑖+1,𝑗 , y𝑖+1,𝑗 +1, y𝑖,𝑗}, respectively. The factor nodes of
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Fig. 12: A factor graph represents the message-passing of
{A, B, C, E} channel.

Fig. 13: A factor graph represents the message-passing of
{A, D, G, E} channel.

Fig. 14: A factor graph represents the message-passing of
{C, F, I, E} channel.

Fig. 15: A factor graph represents the message-passing of
{G, H, I, E} channel.

the four cluster channels pass the reliability information
to the connected bit nodes {a𝑖−1,𝑗 −1, a𝑖−1,𝑗 , a𝑖−1,𝑗 +1,
a𝑖,𝑗 −1, a𝑖,𝑗 , a𝑖,𝑗 +1, a𝑖+1,𝑗 −1, a𝑖+1,𝑗 , a𝑖+1,𝑗 +1}. Then the
bit nodes {a𝑖−1,𝑗 −1, a𝑖−1,𝑗 , a𝑖−1,𝑗 +1, a𝑖,𝑗 −1, a𝑖,𝑗 , a𝑖,𝑗 +1,
a𝑖+1,𝑗 −1, a𝑖+1,𝑗 , a𝑖+1,𝑗 +1} are updated and sent to the
corresponding factor nodes according to the relationship
of each channel, as shown in Fig. 12 to Fig. 15,
respectively.

In the next step, the LLR reliability information is
received from the four clusters, and then the related
message-passing channels are considered hierarchically

Fig. 16: A region graph generated using the cluster method
for message-passing of the channels; (a) {A, B, C, E}, (b)
{G, H, I, E}, (c) {A, D, G, E}, and (d) {C, F, I, E}.

as the first method. The main bit {E} of {A, B, C, E}, {A,
D, G, E}, {C, F, I, E} and {G, H, I, E} channels are received
by the messages of the correlations from neighboring
nodes, namely: {B, E}, {D, E}, {F, E} and {H, E}, as shown
in Fig. 16 (a), (b), (c) and (d), respectively.

To estimate the relationship among {A, B, C, E}, {G,
H, I, E}, {A, D, G, E}, and {C, F, I, E} channels, which is
given by

(28)

(29)

(30)

(31)

Therefore, from Equation (28) to Equation (31), the
relationship of the H (𝑀 2) channel can be written as
follows

(32)

In Equation (32), the final result of the combination
and the input estimation are calculated from Equation
(21) and Equation (22), respectively.

4. SIMULATION AND RESULTS
In this section, we consider the BPMR channel at

an areal density of 2.5 and 3 Tb/in2 with multi-track
processing, in which both bit period and track pitch
are 16 nm and 14.5 nm, respectively. The along-track
PW 50𝑥 is 19.4 nm, and the across-track PW 50𝑧 is 24.8
nm. For the system, each sector includes 4,096 bits. From
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Fig. 17: BER performance Comparison of conventional FGB
detector and modified FGB detectors on BPMR channel at
areal density of 2.5 and 3 Tb/in2.

Equation (4), the 3×3matrix of a 2-D interference channel
is generated by a 2-D Gaussian function from Equation
(1) as

𝐇 (2.5𝑇 𝑏) =
⎡⎢⎢⎣

0.0478 0.3154 0.0478
0.1517 1.0000 0.1517
0.0478 0.3154 0.0478

⎤⎥⎥⎦
,

and

𝐇 (3𝑇 𝑏) =
⎡⎢⎢⎣

0.0824 0.3876 0.0824
0.2125 1.0000 0.2125
0.0824 0.3876 0.0824

⎤⎥⎥⎦
.

In the following analysis, the signal-to-noise ratio
(SNR) is defined as

𝑆𝑁𝑅 (dB) = 10 log10
𝑉𝑝
𝜎2 . (33)

where V𝑝 = 1 is the normalized peak value of the read-
back signal and 𝜎 is the standard deviation of the AWGN.

Figure 17 shows the BER performance between the
conventional FGB detector and modified FGB detectors
(M1) and (M2) in the BPMR channel at an areal density
of 2.5 Tb/in2 without media noise. The modified FGB
detector (M1) achieves gains of about 3.0 dB over the
conventional FGB detector at BER equal to 10−6. The
performance comparison of the modified FGB detector
(M2) is better than the modified FGB detector (M1) in
SNR of 1.0 dB at BER equal to 10−6. Moreover, the
modified FGB detectors (M1) and (M2) are better than the
conventional FGB detector on the BPMR channel at an
areal density of 3 Tb/in2.

In the simulation, the BPMR channel at an areal
density of 3 Tb/in2 with media noise indicates the effect
of the size and position fluctuations of the islands in

Fig. 18: BER performance comparison between the conven-
tional FGB detector and modified FGB detectors on BPMR
channel at areal density of 3 Tb/in2 with media noise.

Fig. 19: Comparison of performance based on mutual
information for conventional FGB detector, modified FGB
detector (M1) and modified FGB detector (M2).

along-track and across-track directions. In Fig. 18, we
evaluate the BER performance of the conventional FGB
detector, modified FGB detector (M1) and modified FGB
detector (M2). When the media noise level increases
by 3% and 5%, it will decrease the BER performance
significantly.

Additionally, we have measured the outputs of mutual
information [23] to compare the performance of the three
detectors. The mutual informationM(C; A) between a bit
of a random variable A and its LLR information of each
bit consistent C-value is defined as

𝑀 (𝐶; 𝐴) = 1−∫
+∞

−∞
𝜌 (𝐶|𝑎 = +1) log2 (1 + exp−𝐶 ) 𝑑𝐶

(34)
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Table 1: Complexity Computation of Detectors.

Thereby, we can rewrite as

𝑀 (𝐶; 𝐴) = 1 − 𝐸 {log2 (1 + exp−𝐶 )} (35)

where A is a measure of uncertainty of the random
variable, E{.} is the expectation operator.

We show the comparison of the required SNR from
8 to 26 dB of the mutual information for the three
detectors: the conventional FGB detector, the modified
FGB detector (M1) and the modified FGB detector (M2).
The performance of the modified FGB detector (M2) is
better than the other detectors on the BPMR channel at
areal densities of 2.5 and 3 Tb/in2, as shown in Fig. 19.

Finally, Table 1 [24] shows the comparisons for the
computing complexity of each detector. Considering the
complexity of the factor graph on the 2-D interference
channel, the factor node is connected to the bit node for
each message per edge. The conventional FGB detector
has one channel that operates on 29 = 512 edges, the
modified FGB detector (M1) has 4 channels that operate
on 4×26 = 256 edges, and the modified FGB detector (M2)
has 4 channels that operate on 4×24 = 64 edges. Then, the
total number of edges between the factor node and the bit
node is 1,536, 768, and 192 edges after three iterations,
respectively.

5. CONCLUSION
In this paper, we propose two methods to improve

the performance of the FGB detectors on the BPMR
channel at an areal density of 2.5 and 3 Tb/in2. Both
methods propose separating the coefficients of the 2-D
interference channel into four clusters. The first method
has six nodes per cluster. The second method has four
nodes per cluster. Then, we consider the hierarchical
relationship of the channels on the factor graph among
the main bit and its neighboring bits. Simulation results
show that both modified FGB detectors give better BER
performance than the conventional FGB detector. In
addition, the modified FGB detectors (M1) and (M2) have
less complexity than the conventional FGB detector.
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